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The increasing presence of inverter-based distributed generation (DG) units in microgrid application
requires control methods that achieve high performance not only during normal operating conditions,
but also under unbalanced conditions. These conditions can occur permanently due to distribution of
unbalanced loads on the three phases of the microgrid. This paper proposes a robust control strategy
for a grid-connected multi-bus microgrid containing several inverter-based DG units. Each of the DG
units can supply a combination of balanced and unbalanced local loads. The proposed control strategy
employs an adaptive Lyapunov function based control scheme to directly compensate the negative-se-
quence current components caused by unbalanced loads in some part of microgrid; and a sliding mode
based control scheme to directly regulate the positive-sequence active and reactive power injected by DG
units to the microgrid. The control method proposed in this paper is shown to be robust and stable under
load disturbances and microgrid parameter uncertainties even in the presence of nonlinear and time-
variant unbalanced loads. The effectiveness of the presented controller is validated through time-domain
simulation studies, under the MATLAB/Simulink software environment.
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Introduction main-grid can support the system frequency and bus voltages by
Recently, due to a general increasing demand for electrical ener-
gy and a rising interest in clean technologies, the energy sector is
moving to the era of distributed energy resources (DERs), such as
wind turbines, photovoltaic systems, fuel-cells, micro-turbines
and hydropower turbines [1,2]. Typical modern distributed gen-
eration (DG) units, which are collectively referred to DERs, do not
generate 50/60 Hz ac voltages and therefore require electronic
power converters as the interfacing medium between a prime
energy source and the network [3–5].

The application of individual DG system has some major issues
such as limited capacity and high cost per watts [4]. To solve the
common problems of individual DG units in power systems,
researchers have introduced a new concept called microgrid [6].
Microgrid is usually a part of distribution subsystem, which con-
sists of cluster of loads and multiple DG units. A microgrid can be
operated either in grid-connected mode or in islanding mode.
Normally, microgrids operate in grid-connected mode because
covering the power mismatch immediately. In the grid-connected
operation, the microgrid is connected to main-grid at the point of
common coupling (PCC), and each DG unit generates proper real
and reactive power [7,8]. The PCC voltage is dominantly determined
by main-grid, and the main role of the microgrid is to accommodate
the load demand and the real or reactive power generated by the
DG-units [9,10]. Proper operation of the microgrid requires high
performance control techniques, not only during normal operating
conditions, but also under unbalanced conditions [11].

Besides the primary purpose of the DG units, compensation of
power quality problems can also be achieved through proper con-
trol strategies [12]. Among various power quality phenomena,
voltage unbalances are very common. A major cause of voltage
unbalance in a microgrid is the connection of unbalanced loads.
In the conventional distribution systems, most of the unbalanced
loads can compensate each other because many loads are installed
[13]. Nevertheless, in the microgrid systems, unbalanced loads are
very common and result from the uneven distribution of numer-
able loads among the three phases [14]. Therefore, a microgrid
should be controlled in such a way that can operate under unbal-
anced load conditions without any performance degradations [15].

Unbalanced loads can cause the lines current and hence the
microgrid voltage suffering from significant values of negative-
sequence which can lead to increased losses, abnormal second



Nomenclature

Variables
vi;vf ;vc inverter, filter, PCC voltage vectors
if ; iL; il filter, local load, line current vectors
vab; iab ab components of voltage and current
V, I voltage and current amplitude
R; L;C resistance, inductance, capacitance
P;Q active and reactive powers
S sliding surface

e tracking error
W Lyapunov function

Superscripts
p;n positive-, negative-sequence components
2x double-frequency oscillating component
ref reference value
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harmonic at the dc-link, and negative effects on equipment such as
induction motors, power electronic converters, and adjustable
speed drives [16,17]. Note that unbalanced loads are often con-
nected on the wye side of a delta to grounded-wye transformer.
Therefore the zero-sequence current is isolated from the delta side
[9].

Several methods have been proposed in the literature for com-
pensation of microgrid unbalances [16–22]. A vector control
approach for controlling the voltage source converter (VSC) which
is capable of mitigating the harmonics under unbalanced operating
conditions is proposed in [18]. The method in [18] is implemented
in stator-voltage-orientation synchronous reference frame, based
on proportional-integral (PI) controllers. However, the main draw-
backs for this control method are the tuning of the controller para-
meters, the necessity of synchronous coordinate transformations,
the tracking of grid voltage phase angle, and the complexity of
method. Moreover, the proposed control method is highly sensitive
to variations of system parameters, but no parametric uncertainty
is considered [23–25].

A direct power control strategy has been presented in [19,20]
for a grid-connected VSC under voltage unbalanced conditions.
The power control scheme is based on the sliding mode control
approach, which controls the instantaneous active and reactive
powers in the stationary reference frame. Three power control tar-
gets have been proposed during network unbalance to obtaining
sinusoidal and symmetrical grid current, removing reactive power
ripples, and canceling active power ripples. However in the chosen
study system, the VSC is directly connected to main-grid that
makes the system control very simple. In addition, the effective-
ness and validity of proposed methods in the presence of loads
has not been demonstrated. Furthermore, the NS power control
method has been designed based on knowledge of actual values
of the resistances and inductances of the system. Hence, the sys-
tem stability is not guaranteed with subject to system parametric
uncertainties.

A combination of the deadbeat and repetitive control has been
used in [21] to compensate the impact of load imbalance on the
performance of a single-bus microgrid. The control method of
[21] is based on the vector control approach described in [18],
and implemented in the discrete-time domain. However, the pre-
sented control method is complex and its effectiveness is not
investigated in the multi-bus microgrids.

The control method described in [22] uses a linear proportional-
resonant-based controller in combination with a PI-based virtual
impedance controller in order to regulate the load voltage and
compensate the negative-sequence (NS) current of unbalanced
loads. In [22], two separated and independent equivalent circuits
have been used for load positive-sequence (PS) and NS current
components. One may note that in a three-phase circuit with
unbalanced loads, the PS and NS components of load voltage are
linear functions of both the PS and NS components of load current.
It means that the equivalent circuits, used in [22], are not indepen-
dent and should be electrically coupled. In addition, the stability
and robustness of proposed control system, with respect to micro-
grid parametric uncertainties, is not verified.

The main contribution of this paper is to design a control struc-
ture, based on well-known LF and SM control techniques, in order
to (1) compensate the negative-sequence current components
caused by unbalanced loads in some part of a grid-connected mul-
ti-bus microgrid containing several inverter-based DG units and a
combination of balanced and unbalanced loads; and (2) regulate
the positive-sequence active and reactive power injected by DG
units to the microgrid under both balanced and unbalanced condi-
tions. In the designed controller, the load dynamics are masked and
the DG unit dynamic performances are made independent of load
characteristics and circuit configuration. Moreover, to overcome
the computational burden associated with the tracking of grid volt-
age phase angle and frame transformations, the proposed con-
troller is performed in stationary reference frame. The control
method proposed in this paper is shown to be robust and stable
under load disturbances and microgrid parameters uncertainties
even in the presence of nonlinear loads. Some simulation results
are presented to support the validity and effectiveness of the pro-
posed control method.

Microgrid structure description

Fig. 1(a) shows a single-line diagram of the microgrid study sys-
tem. The microgrid includes two inverter-based DG units and a
cluster of loads. Each DG unit is connected to the corresponding
point of connection (PC) through a LC filter to reduce the voltage
ripple (and hence, the current ripple) caused by the switching.
The local load of each DG unit is connected to the corresponding
PC and is a combination of balanced and unbalanced loads. The
common load is connected to the PCC and is a balanced load. The
interlink-line 1 and 2 (hereafter, line 1 and 2), which connect PCs
to the PCC, are represented by series RL branches. In this paper,
it is assumed that the microgrid is connected to main-grid. The
microgrid parameters are given in Table 1.

Modeling of a three-phase DG unit

Fig. 1(b) shows the control scheme of an inverter-based DG unit
with LC-filter microgrid-interface. By using the well-known Clarke
transformation, the current and voltage dynamics in the stationary
(ab) reference frame can be derived as:

dif

dt
¼ 1

Lf
ðvi � Rf if � vf Þ ð1Þ

dvf

dt
¼ 1

Cf
ðif � iL � ilÞ ð2Þ

dil

dt
¼ 1

Ll
ðvf � Rlil � vcÞ ð3Þ



Fig. 1. (a) Schematic diagram of the microgrid under consideration; (b) proposed control scheme.

Table 1
System parameters.

Grid voltage, Line to Line, rms vs 380 V
Fundamental frequency fs 50 Hz
Grid resistance Rs 0.020 X
Grid inductance Ls 200 lH

Line1 resistance Rl1 0.050 X
Line1 inductance Ll1 100 lH
Line2 resistance Rl2 0.060 X
Line2 inductance Ll2 120 lH

dc bus voltage Vdc 800 V
Filter resistance Rf1, Rf2 0.050 X
Filter inductance Lf1, Lf2 800 lH
Filter capacitance Cf1, Cf2 200 lF
Switching frequency fsw 6480 Hz
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It is assumed that the LC-filters and the lines have balanced three-
phase impedances and as a result, the equations (1)–(3) can be fully
decoupled into positive and negative sequences. Under unbalanced
condition, each of voltages and currents can be expressed as [26]:

v ¼ ½va vb �T ¼ ½ ðvp
a þ vn

aÞ ðv
p
b þ vn

bÞ �
T ð4Þ

i ¼ ½ ia ib �T ¼ ½ ðip
a þ in

aÞ ði
p
b þ in

bÞ �
T ð5Þ

Since the whole controller is designed in the stationary refer-
ence frame, the sequence detection of microgrid voltages and cur-
rents is also realized based on a stationary frame notch filter in the
ab-frame [27]. As stated in [27], the applied method can tolerate a
certain range of grid frequency variations. Although according to
the allowable limits of frequency-deviation of main-grid [28], a
phase-locked loop (PLL) can be avoided in the grid-connected
mode [23,27], for adapting to wider range of grid frequency varia-
tions, a PLL or a frequency adaption loop should be added to the
applied filter [27,29]. Thus, the proposed method can be easily
adapted to fulfill the actual requirements for tolerating frequency
variations in a microgrid context, although operation with frequen-
cy variation is not the focus of this paper.

Control design

The proposed control structure consists of a SM based PS power
controller and an LF based NS current controller, as shown in
Fig. 1(b). The power controller is designed to regulate the PS active
and reactive power injected by DG unit to the microgrid. The cur-
rent controller is designed to compensate the impact of NS current
of the unbalanced loads. In the following subsections, the control
design procedure is explained in detail.

SM Based PS power control

The instantaneous active and reactive power injected by DG
unit to the PC bus can be represented as [24]:

P ¼ 3
2
ðvf � if Þ ¼

3
2
ðv faifa þ v f bif bÞ ð6Þ

Q ¼ �3
2
jvf � if j ¼

3
2
ðv fbifa � v faifbÞ ð7Þ

where ‘‘�’’ denotes the inner-product and ‘‘ � ’’ represents the cross-
product of two vectors and bold symbols represent vf = [vfa vfb]T and
if = [ifa ifb]T. Under unbalanced conditions, the instantaneous active
and reactive powers can be expressed by the PS and NS components
of the voltages and currents as given by (8) and (9), respectively
[24].

P ¼ Pp þ Pn þ P2x ð8Þ

Q ¼ Q p þ Q n þ Q 2x ð9Þ

with:

Pp

Q p

� �
¼ 3

2

vp
fa vp

f b

vp
fb �vp

fa

" #
ip
fa

ip
f b

" #
ð10Þ

Pn

Q n

� �
¼ 3

2
vn

fa vn
f b

vn
fb �vn

fa

" #
in
fa

in
f b

" #
ð11Þ

P2x

Q 2x

" #
¼ 3

2

vp
fa vp

fb

vp
f b �vp

fa

" #
in
fa

in
f b

" #
þ 3

2
vn

fa vn
f b

vn
f b �vn

fa

" #
ip
fa

ip
f b

" #
ð12Þ

where P2x and Q2x denote the double frequency oscillating compo-
nents of the respective active and reactive power, which generated
from the interaction between PS voltage and NS current and/or NS
voltage and PS current, as expressed by (12) [24]. Noting that under
balanced conditions, the NS components of voltages and currents
are zero and thus, the instantaneous powers are equal to PS power
components. It means that under both balanced and unbalanced
load conditions, the PS active and reactive powers should be con-
trolled. In the proposed control strategy, the regulation of PS active
and reactive power components has been implemented by using
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sliding mode control method due to its fast-tracking capability and
its robustness against disturbances, parametric uncertainties and
modeling approximations [30]. In the present control design prob-
lem, the following integral-based sliding surface is chosen to obtain
active and reactive power regulation.

SP

SQ

� �
¼

eP

eQ

� �
þ ks

Z t

0

eP

eQ

� �
ds ð13Þ

where eP ¼ Pref � Pp and eQ ¼ Qref � Qp are the active and reactive
power tracking errors, and ks ¼ diag½ksP; ksQ � is a diagonal matrix
with all positive constant diagonal entries which are the SM control
gains. Based on SM control theory, it is required to restrict the con-
trolled states onto its corresponding sliding surfaces [30]. This is
exclusively governed by:

S ¼ dS
dt
¼ 0 ð14Þ

Considering (14), differentiating (13) with respect to time gives:

d
dt

SP

SQ

� �
¼ d

dt
Pref � Pp

Q ref � Q p

" #
þ ks

eP

eQ

� �
¼ � d

dt
Pp

Q p

� �
þ ks

eP

eQ

� �
ð15Þ

By considering (10), it can be obtained that

dPp

dt

dQp

dt

" #
¼ 3

2

dvp
fa

dt

dvp
f b

dt

dvp
f b

dt �
dvp

fa
dt

2
4

3
5 ip

fa

ip
fb

" #
þ 3

2

vp
fa vp

f b

vp
fb �vp

fa

" # dip
fa

dt

dip
f b

dt

2
4

3
5 ð16Þ

Substituting for d
dt v

p
fab and d

dt ip
fab, respectively from (2) and (1), into

(16), results in:

dPp

dt

dQp

dt

" #
¼ 3

2Cf

ðip
fa � ip

La � ip
laÞ ðip

f b � ip
Lb � ip

lbÞ
ðip

f b � ip
Lb � ip

lbÞ �ði
p
fa � ip

La � ip
laÞ

" #
ip
fa

ip
f b

" #

þ 3
2Lf

vp
fa vp

f b

vp
f b �vp

fa

" #
ðvp

ia � vp
fa � Rf ip

faÞ
ðvp

ib � vp
f b � Rf ip

f bÞ

" # ð17Þ

By substituting for d
dt Pp and d

dt Qp from (17) into (15), it can be shown
that:

d
dt

SP

SQ

� �
¼ �

GP

GQ

� �
�

HP

HQ

� �
� 3

2Lf

vp
fa vp

f b

vp
f b �vp

fa

" #
vp

ia

vp
ib

" #
þ ks

eP

eQ

� �

ð18Þ

with:

GP ¼
3

2Cf
ððip

fa � ip
La � ip

laÞi
p
fa þ ði

p
fb � ip

Lb � ip
lbÞi

p
fbÞ

GQ ¼
3

2Cf
ððip

f b � ip
Lb � ip

lbÞi
p
fa � ði

p
fa � ip

La � ip
laÞi

p
f bÞ

HP ¼ �
3

2Lf
ððvp

fa þ Rf ip
faÞv

p
fa þ ðv

p
f b þ Rf ip

f bÞv
p
fbÞ

HQ ¼ �
3

2Lf
ððvp

fa þ Rf ip
faÞv

p
f b � ðv

p
fb þ Rf ip

f bÞv
p
faÞ ð19Þ

By considering (14), the SM control effort vp
ia vp

ib

h iT
can be

obtained by solving the following equation:

d
dt

SP

SQ

� �
¼ 0 ð20Þ

By combining (18) and (20), the control law can be obtained as:

vp;ref
ia

vp;ref
ib

" #
¼ 2Lf

3

vp
fa vp

fb

vp
f b �vp

fa

" #�1

�
GP

GQ

� �
�

HP

HQ

� �
þ ks

eP

eQ

� �� �
ð21Þ

with:
vp
fa vp

fb

vp
f b �vp

fa

" #�1

¼ �1

ðvp
faÞ

2þðvp
f bÞ

2

�vp
fa �vp

f b

�vp
fb vp

fa

" #
¼ 1

ðVp
f Þ

2

vp
fa vp

f b

vp
f b �vp

fa

" #

ð22Þ

According to SM control theory, the process of SM control can be
divided into two phases, that is, the reaching phase and the sliding
phase [30]. The control law given by (21) is only valid for sliding
phase of the SM control process. The control effort which guaran-
tees the SM control in both the reaching and sliding phases can
be represented by [30]:

vp;ref
ia

vp;ref
ib

" #
¼ 2Lf

3ðVp
f Þ

2

vp
fa vp

f b

vp
f b �vp

fa

" #
�

GP

GQ

� �
�

HP

HQ

� �
þ ks

eP

eQ

� ��

þkv
sgnðSPÞ
sgnðSQ Þ

� �� ð23Þ

where kv = diag[kvP, kvQ] is a diagonal matrix with all positive
constant diagonal entries which are the SM control gains and, the
sign function sgn( � ) is described by:

sgnðxÞ ¼ jxj=x ð24Þ

Based on Lyapunov’s direct method of stability [30], the overall sta-
bility of the control system has been shown in the paper Appendix
A. It can be seen from (23) that the operation of the proposed power
controller is directly affected by positive sequence PC voltage
amplitude. When the PC voltage drops, the power controller, in
response to the drop, increases the current of the DG converter.
To prevent an excessive output current, the active and reactive
power references should be limited as a function of the actual grid
voltage amplitude. Based on the maximum limit of converter out-
put current Imax, and the active and reactive power references, the
minimum amplitude of the PC voltage Vmin, which corresponds to
the maximum output current, can be obtained as:

Vmin ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðPref Þ

2
þ ðQref Þ

2
q

Imax
ð25Þ

If Vp
f < Vmin, the active and reactive power delivered by the DG unit

should be limited to:

Pmax ¼ ImaxVf cosðuÞ
Q max ¼ ImaxVf sinðuÞ

�
ð26Þ

with:

u ¼ tan�1 Q ref

Pref

 !
ð27Þ

Based on (26), a dynamic limiter can be designed for Pref and Qref to
ensure that converter output current is within the allowable limits.
Therefore, the over-current protection of converter can be easily
ensured in case of grid voltage drops, although this is not the main
focus of this paper.

NS current control based on LF

Referring to Fig. 1(b), a combination of balanced and unbal-
anced loads is assumed to be connected to each PC bus. To com-
pensate the NS currents of the unbalanced loads, two comparable
control objectives are presented in this paper. The first is to obtain
symmetrical and sinusoidal DG output current that lead to com-
pensate the NS currents of unbalanced loads by main-grid. In this
case, the NS components of DG output current should be removed.
The second is to obtain symmetrical and sinusoidal line current
that lead to supply the NS currents of each unbalanced load by
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the corresponding DG unit. So, the system outputs are NS compo-

nents of DG output current in
f ¼ in

fa in
fb

h iT
. Our purpose is to make

the output in
f track the desired trajectory, that under first control

objective is zero, and under second control objective is:

in;ref
f ¼

in;ref
fa

in;ref
f b

2
4

3
5 ¼ in

La

in
Lb

" #
ð28Þ

In the proposed control structure, the NS current controller has
been implemented by using adaptive Lyapunov function method.
This method can achieve the goals of stabilization, tracking and
parameter estimation [30,31]. The design procedure of the men-
tioned current controller is explained as follows. Considering the
parameters in the nominal condition, equation (1) can be rewritten
as:

din
f

dt
¼ aðvn

i � bin
f � vn

f Þ ð29Þ

where a ¼ 1
Lf

and b ¼ Rf are the nominal parameter values. If the

parameters of the system deviate from their nominal values, the
dynamic equation (29) can be modified as:

din
f

dt
¼ aðvn

i � bin
f � vn

f Þ þ n ð30Þ

where n ¼ ½ na nb �T is the lumped-sum uncertainty which can be
written as:

n ¼ Daðvn
i � bin

f � vn
f Þ þ Dbðaþ DaÞin

f ð31Þ

where ‘‘D’’ denotes deviation from nominal value. Letting

e1 ¼ in;ref
f � in

f ð32Þ

be the tracking error, and

en ¼ n̂� n ð33Þ

be the error between lump-sum uncertainties n and its estimated

value n̂ ¼ n̂a n̂b

� �T
, a Lyapunov function can be defined as follows

[31]:

W1 ¼
1
2

eT
1e1 þ

1
2

eT
ncen ð34Þ

where c ¼ diag½ca; cb� is a diagonal matrix with all positive constant
diagonal entries which are the adaptation law gains.

Differentiating W1 with respect to time gives:

d
dt

W1 ¼ eT
1

d
dt

e1 þ eT
nc

d
dt

en ð35Þ

Considering (30), (32) and (33), it can be shown that:

d
dt

W1 ¼ eT
1

d
dt

in;ref
f � aðvn

i � bin
f � vn

f Þ � n

	 

þ eT

nc
d
dt

n̂

	 

ð36Þ

If the adaptation law is chosen as:

d
dt

n̂ ¼ �c�1e1 ð37Þ

then d
dt W1 becomes

d
dt

W1 ¼ eT
1

d
dt

in;ref
f � aðvn

i � bin
f � vn

f Þ � n̂

	 

: ð38Þ

To stabilize e1, d
dt W1 should be negative definite. Now, if the control

input vn
i is selected as:

vn
i ¼ bin

f þ vn
f þ

1
a

d
dt

in;ref
f � n̂þ k1e1

	 

ð39Þ
where k1 ¼ diag½k1a; k1b� is a positive constant diagonal matrix, then,
d
dt W1 can be given by:

d
dt

W1 ¼ �k1eT
1e1 ð40Þ

Since the time-derivative of Lyapunov function W1 is definitely
negative, the proposed current control system is asymptotically
stable.

Implementation of the proposed control scheme

As shown in Fig. 1(b), the positive- and negative-sequence com-
ponents of the control signals, generated by PS power controller
and NS current controller, are finally summed up to generate the
converter voltage references, as an input to space vector modula-
tion (SVM) module. It should be noted that, in order to avoid unex-
pected chattering near the sliding surface, the sign function in PS
and NS control efforts expressed in (23) is changed into a satura-
tion function, which is described by:

satðxÞ ¼
sgnðxÞ jxj > k

x=k jxj 6 k

�
ð41Þ

where k is a positive constant.

Simulation results

In order to evaluate the effectiveness of the presented control
strategy, the microgrid study system shown in Fig. 1(a) has been
simulated in the MATLAB/Simulink software environment. All DG
units are equipped with the proposed controller. Several detailed
load switching are carried out to demonstrate the steady-state
and dynamic performances of the proposed control strategy. In
the simulation studies, while the system is initially operating
under balanced condition, an unbalanced load is connected to
PC1 at t = 2 s. The unbalanced load consists of a series RL circuit
between phase-b and phase-c; the load resistance and inductance
are 25 X and 60 mH.

The impact of nonlinear and time-variant unbalanced loads on
the performance of proposed controller is investigated by applying
a 4-pole, 1

4 hp, 110 V and 50 Hz single-phase induction motor [32].
The motor is connected to PC2, between phase-b and phase-c, via a
380/110 V single-phase transformer. The used motor is a capacitor-
start-capacitor-run single-phase induction motor with parameters
given in the paper Appendix B. The motor is energized from t = 3 s
and the start-capacitor is tripped when the motor is speeded up to
75% of the rated speed. Subsequently, at t = 4 s, the balanced load
of PC1 is disconnected and later at t = 5 s, the single-phase motor
is switched off. Moreover, to evaluate the robust performance of
proposed controller subject to parametric uncertainties, a 20%
step-mismatch is assumed for filter resistances from t = 2.5 s.

In the simulation studies, both the proposed control objectives
including (1) PS power regulation and NS current elimination of
the DG unit; and (2) PS power regulation of the DG unit and NS
current elimination of the interlink-line; are evaluated. The power
reference values are given in the paper Appendix B. Some simula-
tion results obtained for this case study are shown in Figs. 2-10. In
the graphs, the real powers, reactive powers, voltages and currents
are expressed in kilowatts, kilo-volt-amperes-reactive, volts and
amperes, respectively.

Figs. 2 and 3 show the amplitude of detected NS current of local
loads, DG units and lines, respectively, under first and second con-
trol objectives. All these quantities are calculated by:

I ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðiaÞ2 þ ðibÞ2

q
ð42Þ
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and (c) NS current of DG2 and line2, all under first control objective.
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Fig. 4. Zoomed view of the waveforms of (a) NS current amplitude of DG1 and
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As indicated in Figs. 2(a) and 3(a), since the load of PC1 and PC2
become unbalanced, the NS component of loads currents is
increased. As shown in Fig. 2(b) and (c), under first control objec-
tive, the NS currents of DG units are removed, while the NS cur-
rents of local loads are supplied by main-grid, which flow in the
lines. Under second control objective, the NS components of con-
verter reference voltages are adaptively changed to supply the
NS current components of local loads. Therefore, the NS compo-
nent of the lines current is removed, as indicated in Fig. 3(b) and
(c). Figs. 2 and 3 show that despite the mismatched filter resis-
tances and the time-varying disturbance due to the motor startup,
both the proposed NS current control schemes exhibit a desirable
performance.

Figs. 4 and 5 illustrate a zoomed view of NS current amplitude
of DG1 and line1, and the waveforms of v f 1�abc , if 1�abc and il1�abc pri-
or and subsequent to the connection of the unbalanced load of PC1
at t = 2 s, respectively, under first and second control objectives. It
can be seen that under first control objective (Fig. 4), the DG cur-
rent is not imposed by unbalanced load current and remained bal-
anced and transient-free. Under these conditions the load current
imbalance is compensated by main-grid. Fig. 5 shows that under
second control objective, the load current imbalance is
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Fig. 3. Amplitude of (a) NS current of local loads, (b) NS current of DG1 and line1,
and (c) NS current of DG2 and line2, all under second control objective.
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Fig. 5. Zoomed view of the waveforms of (a) NS current amplitude of DG1 and
line1; (b) v f 1�abc; (c) if 1�abc; and (c) il1�abc under second control objective.
compensated by DG unit and the line current reaches its sinusoidal
and symmetrical steady-state with a reasonable transient
performance.

Fig. 6 indicates the voltage-unbalance-factor (VUF) of PCC volt-
age (i.e. the ratio of the NS to PS components of the PCC voltage).
Under first control objective, the NS components of load currents
are compensated by main grid. Therefore, the unbalanced loads
can cause the line currents suffering from high values of nega-
tive-sequence which can lead to microgrid voltage imbalance
(Fig. 6(a)). Under second control objective (Fig. 6(b)), the NS com-
ponents of load currents are supplied by DG units. Therefore, the
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objectives.

 (a) 

(b) 

Time (s) 

-10

0

10

20

P D
G

1

Objective2 Objective1

1.94 1.96 1.98 2 2.02 2.04 2.06 2.08 2.1
-10

0

10

20

P L
in

e1

Objective1 Objective2

Fig. 9. Zoomed view of (a) PDG1 and (b) PLine1 under both control objective.

(a) 

(b) 

Time (s) 

-10

0

10

20

P
S

Objective1 Objective2

1 1.5 2 2.5 3 3.5 4 4.5 5 5.5 6
-10

0

10

20

Q
S

Objective1 Objective2

Fig. 10. Instantaneous active and reactive power injected to main grid under both
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line currents and busbar voltages are not affected by unbalanced
loads and remained balanced.

Fig. 7 shows the instantaneous active and reactive power of DG
units, under both the first and second control objective.
Considering these plots, it can be seen that the average values of
active and reactive power of DG units very well track their corre-
sponding references, even under load switching and unbalanced
load conditions. However, under the second control objective, the
instantaneous active and reactive power components of DG units
are imposed by double frequency oscillations (DFOs). The DFOs
appeared in the power of each DG unit is proportional to its NS
currents.

Fig. 8 shows the instantaneous active and reactive power of the
lines, under both the first and second control objectives. The step
changes seen in the average value of active and reactive powers
are due to described step changing of loads demand. The DFOs seen
in Fig. 9 are due to unbalanced lines currents under first control
objective.

Fig. 9(a) and (b) provide a zoomed view of Figs. 7(a) and 8(a),
respectively, over a period around t = 2 s subsequent to the ener-
gization of the unbalanced load of PC1. As shown, while the second
control objective has a reasonable transient response, the first con-
trol objective exhibits no observable transient since the NS current
controllers rapidly track the zero references and remove the NS
component of DGs output current.
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Fig. 10 shows the instantaneous active and reactive power
injected by microgrid to main-grid, under both the first and second
control objectives. The DFOs seen in Fig. 10 are due to lines current
imbalance, under first control objective. Under second control
objective, the instantaneous active and reactive power absorbed
by main-grid exhibit no observable DFO because the NS current
of unbalanced loads has been compensated by DG units. It should
be noted that under second control objective, although the NS cur-
rent of unbalanced loads has been compensated independently
from main-grid, in islanded mode of operation, in order to regulate
the voltage and frequency of the microgrid about rated values and,
at the same time, properly share the active and reactive power
between DG units, a proper control strategy (such us centralized-
control, master/slave, or droop-based control methods) should be
employed which is out of scope of this paper and can be addressed
in future works.

Conclusion

This paper presents a robust controller for a grid-connected
multi-bus microgrid containing several inverter-based DG units
and unbalanced loads. The proposed control structure has two con-
trol modules consisting of a sliding mode based PS power con-
troller and an adaptive NS current controller based on Lyapunov
function method. The power controller ensures that the PS active
and reactive power, generated by each DG unit, track its respective
reference commands under both balanced and unbalanced condi-
tions. The current controller compensates the NS current of unbal-
anced local loads in some part of the microgrid. Two comparable
control objectives are presented in this paper including: (1) PS
power regulation and elimination of the NS components of DG cur-
rent; and (2) PS power regulation and elimination of the line NS
current components. The effectiveness of the proposed control
structure is demonstrated through time-domain simulation stud-
ies, under the MATLAB/Simulink environment. Simulation results
confirm that under second control objective, the NS current of lines
is removed, the double frequency oscillations of the active and
reactive power injected to main-grid are eliminated and, the power
quality of the overall microgrid system is improved. However,
under first control objective, the DGs current imbalance is sig-
nificantly less than that obtained by second objective. Moreover,
while the second control objective has a reasonable transient
response, the first control objective exhibits no observable tran-
sients. Simulation results conclude that the proposed control strat-
egy is robust and stable subject to load disturbances and microgrid
parameters uncertainties even in the presence of nonlinear and
time-variant unbalanced loads.

Appendix A

Consider the following positive definite Lyapunov function:

W2 ¼
1
2

SP SQ½ �
SP

SQ

� �
ð43Þ

Differentiating W2 with respect to time gives:

d
dt

W2 ¼ SP SQ½ � d
dt

SP

SQ

� �	 

ð44Þ

Substituting (18) into (44) yields:

d
dt

W2¼ SP SQ½ � �
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� �
�
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� 3

2Lf
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� � !

ð45Þ
By substituting (23) into (45), it can be obtained that:
d
dt

W2 ¼ SP SQ½ � �kv
sgnðSPÞ
sgnðSQ Þ

� �	 

ð46Þ

The time-derivative of Lyapunov function d
dt W2 is then definite-

ly negative so that the power control system becomes asymp-
totically stable.
Appendix B

The power references and the parameters of the single-phase
induction motor are given as follows: Power references:
Pref1 ¼ 10kW , Qref1 ¼ 0kVAr, Pref2 ¼ 12kW , Qref2 ¼ 0kVAr; Single-
phase induction motor: main winding stator resistance and induc-
tance: 2.02 X and 7.4 mH, main winding rotor resistance and
inductance: 4.12 X and 5.6 mH, main winding mutual inductance:
177.2 mH, auxiliary winding resistance and inductance: 7.14 X
and 8.5 mH, capacitor start: 254.7 lF, capacitor run: 21.1 lF;
Balanced loads: PCC-, PC1-, and PC2-connected balanced load’s
resistance and inductance: 10 X and 24 mH, 25 X and 60 mH,
and 35 X and 90 mH, respectively.
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